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ENTYTTIO-APQIOZ A THN ETTANAAHYH
THZ YAHZ ZTH " AYKEIOY

Npénel va aflomooete KATAAANAQ TO XPOVIKO SLACTNLLA TWV EOPTWV

...nN avtiotpodn HETPNON EXEL apxioeL...2e 5 punveg Ba Slekdiknoete pla B€on ota
audBéatpa. H uhomoinon tou otoxou cag MANoLAleL. M auTo PNV eTUTPEYETE
o€ tinota va oag anocuvtovioel! KaAUPte Twpa ta 0oL KeEVA, KAVTE
enavaAnyn otnv VAN Kal kotePBeilte pe Tov a€pa TOU VIKNTA OTLC e€sTaoelg 2026.
«B@uolaoTe» AUTA Ta XPLOTOUYEVVA OTOV OTOXO TOU £0€(¢ BAAATE, yLO val
odpayioete tn 12xpovn pabntikn cag nopeia. Aprote yla ta eMOUeVa, TTou Ba
elote doltnTEC TIg BOATEC KaL TN XaAdpwon.

Anobeifte, oTov eaUTO cag MAVwW amo OAa, OtL eloTe apeLlpAvioL poxnteg!

KaAo StaBaocpa...

Y& aUTO To apxelo Oa Bpelte TIC Epyacieg MOU TIPETEL VOL ETOLUACETE OTNV
niepiodo Twv €0pTWV OTA HABAMATA OOC.

2 Uoowyo
To @povTtioThpio NEA ZYMBOAH

oac eoxerar XPONIA MOAAAL
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1. EKOEZH — AOTOTEXNIA 2025

KPITHPIO ASIOAOIMHZHZ
NEOEAAHNIKH F'AQZZA & AOFOTEXNIA
Ma tn " Aukeiou
Keipevo 1 (un AoyoTexViIKO)

H di1daokaAia Tou péAAovTog
Eicaywyiké onpeiwpa: To keiyevo TTou akoAouBei atroteAei améoTTacua ammo
oMIAia Tou XpioTtou TooAdkn oe Huepida NG AidaokaAikng Opootrovdiag EAAGDOG OTn
Apdua Tov MapTio Tou 2009. To atréoTTacpa TTOPATIOETAI EAAPPUWGS OIAOKEUATUEVO.

Av, @iAeg kal @ilol, TTapatnerioeTe To BEua, Ba dIATIOTWOETE OTI BEUATIKO TOU
KEVTPO Oev gival ouTe N YAwooa ouTte To PMEAAOV aAAG n diIdaokaAia o€ oxéon PeE TN
YAWooa Kal To HEAAOV.[...]

[...] Autd TTOU TTPpWTA OYEiAEl va kaTavorogl 0 OACKAAOG Tou PEANOVTOG, yia va
oxedidoel T d1IdackaAia Tou, gival 0TI TO KEQAAI Tou TTaIdIoU Ogv gival doXEio, yia va To
YEMICOUME PE YVWOEIG: €ival OTTIPTO KAl E0TIA ETOIMN VA TTUPAKTWOEI aT1Td TOV OTTIVONpa
Tou daokdAou. TETolEG Ba cival oI TTapdpeTpeS TTou Ba TTpoadlopicouv TN dIdACKaAIa
TOU PMEANAOVTOG — TTOI0TIKEG. H ocuoowpeuon Kal 0 aApaTwdng TTOAATTAACIOOUOG TWV
YVWOEWV TNG €TTOXAG Mag dgv dauddovTtal A e TOUG TTapadooiakoug OIOAKTIKOUG Kal
MEBODOAOYIKOUG TPATTOUG OUTE HPE TNV TTPOOBNKN OAOEva KAl TTEPICOOTEPWY VEWV
MOaBNuUATWY OTa OXOAIKA TTpOoypPduPaTa, OTTWGS €VVOOUV va KAVOUV Ol TTONITEIEG TOU
KOOJou, Kal n oIk pag. KopéoTnkav Ta avOAUTIKA Kal Ta WPOAGYIQ TTPOYPAupaTa.
ETAANBE 1O adiaxwpnto- dev avrtéxouv AAAa yvwOTIKA avTikeiyeva. Alyioav Ta
TTpoypAaupaTa oToudwV.[...] M" autd OKOTTOC TNG EKTTAIBEUCNG BeV TIPETTEI VA Eival
TwPa 0 00PAg avBpwTtrog (homo sapiens) aAAd 0 dnuioupyikdG, AUTOG TTOU HaBaivel
TTWG va pabaivel, TTWG va dauddel Tn yvwon Kal TTW¢G va TN XPENOIYOTIOIET yIa HIa
Kalvoupla Kal w@EAINN dnuioupyia. ‘ETol odnyeital Kal oTnv OAOKANPwWOT| TOU.

2UVETTWG, n O1daockaAia Tou pEANOvVTOG eival avaykn va Bonbd Ttov véo
AvBpwTTo, WOTE va YUPVAleTal TNV KATAKTNON TOU OUCIWAO0UG, TOU ONUAVTIKOU, TOU
agloonuEiWTOU: OTNV KOTAKTNON €EKEIVWV TwV yVWOoewv TTou Ba Tov BonBouv va
UYWVETaI 0TN O0Qaipa TnNgG yvwong, Tou Ba Tov BonBoulv va eAeuBepwvel TIG OUVAUEI
UTTAPXOUOCEG MECO TOU YVWOTIKEG OUVAMIKEG KAl va TIG KABIOTA evepyeia KAtd TOV
ApIOTOTEAN. ZKOTTOG TNG O1dackaAiag dev €ival va KATAOTACElI TOV HABNTA MIKPOV
ETMOTAMOVA, AANG va Tov CUVOPAuEl va Yivel EAeUBEpOG AvBpwTToG. MeyaAuTepn agia
atro TIG YVWOEIG £XEI N YUUVAON TNG IKAVOTATOG VA KATAKTA KAVEIG TN yvwaon hJEoa aTrd
d1adIKATIES, Ol OTTOIEG TIPOCPEPOUV WG apoIBr} OxI Tov Babuod TG Wuxpng agioAdynong,
OANG  KATI TTOAUTINOTEPO Kal Povadikd, Tnv IKavotroinon Tng onuioupyiag. Tou
TTpoo@épouv  OnAadry éva ammd Ta QVWTEPA TIVEUUOTIKA Ouvaiodrnuarta, Tou
TTPOOPEPOUV TTAIOEID, TOU TTPOCPEPOUV HE GAAQ AQYIA «TO PEYIOTOV PHABNUaY.

‘ET01, eTavépxeTal n dIOACKAAIa TNV TTPOTEPA TNG KAI PUOIKK TNG KOITN atro TNV
OTTOIa TTOIKIAEC OKOTTINOTNTES TNV £X0ouV ekTPEWEL. O1 Kaipoi, AoitTév, dev TTepigévouv. O
ddokaAog katd Tn didaockaAia o@eilel va pabaivel oTov pabnThA: WS va Jabaivel, TTwg
va KATAKTA Tn yvwaorn, 10 A80g, TNV opop@id, dnAadr TIG YVWOTIKEG, TIG NOIKEG KAl TIG
a100NTIKES agieg TNG (WNAG: TTWG VA AVTIMETWTTICEI KATOOTACEIG KAI TTWG VA AVTIMETWTTICE
TTpoBAApaATa: TTWGS va OnMPIoUpPYEi Kal va ouvOnuioupyei ouvepyalOUEVOG HE TOUG
OuUPMaONTEG TOU: TTWG va atmoAapBavel padi Toug Tn xapd Kal TRV IKavoTroinon Tng
dnuioupyiag he TTVEUNa 0EBACHOU TTPOG TOUG CUYKATOIKOUG aUTOU TOU TTAQVATN.
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[...] ANMwoTe, Kivnon oTnv Kivnon €ival n wuxrn Tou véou avBpwITTou, KIVNTIKNA
o@eilel va gival Kal n dI0ACKOAIQ, Kal 0° QUTAV TNV Kivhon o dAOKAAOG CUYKIVATWP
(kaT@ TO YEVVATWP), AUTOG TTOU TTAPAYEl TNV Kivnon, Kal ouvdnuioupyos. Aegv gival
QuUTOG TTOU TTPOCQEPEI, TTapaTnpei o Gianni Rodari, pia éroiun utroukid KGBe pépa, dev
KatavaAwvel padi ye Toug pabntég Tou agieg Kal TTOMITIONO, aAAd TTapdyel padi Toug,
XPNOIMOTIOIWVTAG KAl TO AOYIOPIKO TnG VEQG TeXvoAoyiag, [vwon Kal yVWOEIG,
oToXao Mo, AOYO Kal TEXVN, agieg Kal TTONTIONO.

Keipevo 2 (un AoyoTexVIKO)

MNa pia Trandeia ouoiag...

[...] Agv givail Tuxaio o1 6Aol o1 BewpnTikoi NG Maideiag, amd Tov MAGTWvVa
MEXPI TOUG OUYXPOVOUG TTaidaywyoug, Ogv TTEPIOPICTNKAV VA TOVIOOUV ATTAWG TNG
otmroudaidoTnTa TG lMNaudeiag, aAAG eTTéPEIvaV OTNV AVAYKN KAl OTOV aywva yid HId
Maideia ouoiag. Ti onuaivel auTo;

Mtropoupe va pIAGue yia Tpia eTTiTreda MNaideiag: 1o €TITTESO TWV TTANPOPOPIWY,
TO ETTITTEDO TWV YVWOEWV Kal TO €TTITTEOO0 TNG KAANIEPYEIQG. To TTPWTO €ival €va ATTAO,
OTOIXEIWDEG €TTiTTEDD. TOo OeUTEPO €ival éva uWnAOTEPO ETTITTEDD, QUTO TNG VONTIKAG
ETTECEPYOOTIAC TWV TIANPOPOPIWY OE OPYAVWHEVEG YVWOoEeEIS. Ta Ouo emitTeda
ouvatrotTeAoUV TNV  ekTTaideuon. To Tpito eival éva  akOun uwnAOTEPO  Kal
ATTAITATIKOTEPO  ETTITTEQO, TTOU CUVIOTA O,TI OVOPAJoupde KOAAIEpyEla 1] POpPwOon.
Mpokeital yia TNV KAAAEPYEIQ TNG TTPOCWTTIKOTNTAG KABE avBpwTTou, yIa Tn JOpPwaon,
onAadn tn diIauopPwaon Tou o€ TTPOCWTIO, € AUTOVOMN, dNMUIOUPYIKN Kal UTTEUBuvN
ovtoTnTa. KaBe opyavwpévn MNoAiTeia €xel uTToxpEwon va €ac@alioel yia OAOUG Toug
TTONITEG TNG eKTTAIOEUON KAl KAAAIEpyEIQ. [...]

To mépacua atmd TNV exkmmaideuon otnv KaAAiEpyela, atd Tnv TTaIdEia Twv
TTANPOPOPIWY KAl TWV YVWOEWYV OTNV TTAIdEIa TNG KAAMIEPYEIQG €ival TO {nTOUUEVO OTNV
Maideia piag xwpag. Auto emTUyXAveTal Je OUOKOAEG, AETTTEG KOl OUVOETEG DIOBIKATIES
aywyng TG WUxng Tou avBpwTrou, yuxaywyiag. EIdIKOTEpa €TTITUYXAVETAI WE TN
MOPPWON UTTEUBUVWY TTPOOWTIWV HECA aTTd apxEC Kal agieg, o’ éva eTmiredo TTOU
cemrepvael Tov wWQEAIMIOPG Kal TN Xpnoiyobnpia, yia va @Bdcel OTIC KPIoIPES
€uaI00Onoieg (METOPUOIKEG, NOBIKESG, KOIVWVIKEG, avOPWITIOTIKES, AIOONTIKES), QUTEG TTOU
odnyouv Tov AvOPWTIO OTn COuvednTOoTToiNON TOUu €autoU TOou Kal Tou Kéouou. H
ekTTaidEUON WG AVATITUEN TNG vonuUOoUvNG Kal Twv OIavonTIKWV IKAVOTATWY Tou
avBpwTrou, n KaAAIEpyela Tou vou dnAadn, gival n TTpoUTTébeon yia TNV KAAAIEpYEIa TNG
Wuxns. Noug kal yuyxr ouvBétouv TO TTVEUPA, auTd TTOU TTPETTEI va KOAAIEPYED HIa
ohokAnpwuévn Maideia, pia MNaideia ouoiag, a@ou TO TIVEUPA DIOPOPOTIOIEI TTOIOTIKA
ToV AvBpwTtro atmd Ta AoITTd OvTa, ouvdéovTag Tov PE TNV Avapxn oucdia TTou Tov
ednuIolpynoe «KaT €IKOVA KOl OPOIWaIVY, JNE TOV O€0.

ewpylog MmaummviwTng, MNa uia maideia ovaiag
(atréoTTOONO EAAPPWGS BIAOKEUATUEVO)
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Keipevo 3 (AoyoTeXViko)
Eykwuio oTn pabnon

MdaOaive kai T atrAouoTepal

I’ autoug

TTOU O KAIPOG TOUG pBe

TToTE €V €ival TTOAU apyd!

MdaOaive 1o afy, 0 o€ @TAvEl, Ua ou

va 10 paBaivelig! Mn ocou kako@avei!

=ekiva! Mpétrel OAa va Ta gEpeig!

EoU va mapeig pétrel TRV €ouaia.

MdaOBaive, avBpwIre 0TO AoUAO!

MdaBaive, avBpwTre 0TnN QUAAKH!

MdBaive, yuvaika otnv koudiva!

MdBaive, egnvraypove!

EouU va mmapelg péTrel TRV €ouaia.

Waée yia oxoAeio, doTeye!

MpounBeuoou yvwaon, TTaywuEéVe!

Mewvaopuéve, aptrage 1o BIPAio: €iv’ €va OTTAO.

EouU va mrapelg TpéTrel TRV €ouaia.

Mnv vTpéTTecal va pwTAOEIG, 2UVTPOYE!

Mnv a@ebeic va TreiBecal

MaBe va BAETTEIS oU O id1og!

0,11 d¢ev &Epeig o id10G

KaBoAou dev TO EEPEIG.

‘EAey&e 10 Aoyaplaoud

€0V Ba ToV TTANPWOEIG.

WaEe pe Ta ddyxTula KGBE onuAdI.

Pwrta: mwes Bpédnke autd edw.

EoU va Tapeig TTpETTel TNV £€ouaian.
MTrépTON MTTPEXT

OEMATA
OEMA A

Moiog €ival 0 pOAOG Tou BACKAAOU OTO OXOAEIO TOU PEAAOVTOG, CUPPWVA PE 60a
dlaBaocare o1o Keipevo 1; Na TTUKVWOETE TIG aTTOWEIG o€ pia TTEpIAnWn 50-70 AéCewv.

Movadeg 15

©EMA B1

Na eraAnBevoeTe | va diaweuoete, ue Baon Ta Keipeva 1 kai 2, TIC TTAPAKATW
TTPOTACEIG, YPAPOVTAG OTO TETPAdIO cag SITTAa OTO YPAPWA TTOU QVTIOTOIXEI 0€ KAOE
mpoTacn TN AéEn ZwaTd 1 AGBoc. Na TEKUNPIWOETE TNV ATTAVTNGT COG PE AVAPOPES
OTa KEiPEVA:

a. O dnuioupyikdS AvBpwTTog odnyeital oTnv oAokAApworn. (Keipevo 1)
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B. O okomdg TG dIdAoKOAiaG Tou MEANOVTOG, OUMPWVA HE TOV OUYYPOPED TOU
Kelpévou 1, gival va d00¢i aToug pabnTtég n KatdAANAn €MIOTAPOVIKA KATAPTION.

Y. H didaokaAia dev rpétrel va gival oTaTikn diadikaoia. (Keipevo 1)

6. H 1Tapoxry oucl1ooTIKNAG TTaIdEIag gival EKQPACT TNG oUyXPovNG ETTOXNG, CUPPWVA HE
TOV ouyypa@Ea Tou Kelpyévou 2.

€. 2UJQwva pPe TOov ouyypagéa Tou Kelpévou 2, n avdamrtugn Twv OIavonTIKWV
AEITOUPYIWV TOU avBpwTToU eV £TTNPEACEI TNV KOANIEPYEIQ TNG WUXNG TOU.

Movadeg 15
OEMA B2
Ta Keigeva 1 kal 2 GuVOMIAOUV w¢ TTPOG TN BEPATIKR Kal WG TTPOG TIG ATTOYEIG
Tou ekppalouv. Na kataypdwete o€ pia Tmapdypa@o 60-80 AéEewv Ta KoV TOUG
oToIXEia.
Movadeg 15

OEMA B3

a. To Keipyevo 1 atroteAei opiAia TTou ekpwvnOnke oe akpoatriplo. Na evtoTTioeTe dUO
EKQPPACTIKEG ETTIAOYEC TTOU TTIOTOTTOIOUV TO XAPOKTNEIOTIKO autd (2 povadeg). lMNolov
OKOTTO €CUTTNPETOUV OI ETTIAOYEG QUTEG; (3 MOVADEQ).

B. Moia armmown mmapaBétel o I. MTTaptmviwTng 0Tn OUTEPN TTAPAYPAPO Tou Keluévou 2;
Mwg¢ n e€mAoyn Tou TPOTIOU QVATITUENG TNG Trapaypdg@ou Tov BonbBd va Ttnv
TTapoucidoel; (5 Hovadeg)

Movadeg 10

OEMAT
Molog ival 0 pOAOG TNG yvwong Kal TNG HOPPWONG CUPPWVA JE 60 TTAPOUCIACOVTAal
oto Keipyevo 3; Na ammavticete AaupavovTtag uttowIv TPEIG KEIPMEVIKOUG OEIKTEC. TNV
ATTAVTNON 0d¢ VO CUMTTEPIAABETE TNV TTPOCWTIIKA C0O¢ ATTown yia Thv agia Tng
yvwaong atov ouyxpovo KO6ouo. (150-200 AéEeig)

Movadeg 15

OEMA A
Alapadovrtag Ta Keipeva 1 Kal 2 atro@acifeTe va OUVTALETE KAl VO ONPOOCIEVOETE
€va Keipgevo oTo 1I0TOAGYIO TOU OXO0AgioU 0ag aTo OTToio BiyeTe Ta €€NG {NTAMATA:
a. Moloug oTdxoug TIpETTEl va B€oel TO OXoAcio Tou PEAAOVTOG (Baoifdpevol OTIG
ammoyelg Twv Kelpévwy 1 kai 2);
B. Moieg aAAayEQ TTPETTEI VA YiVOUV WOTE va EMITEUXO0UV o1 TTapaTtavw oTéXOI;
(300-350 Aé€eig)

Movadeg 30

KAOHIHTEZ:B.KAPATTANNHZ, E. TTOBANAKH, @. 2TAYPAKAKH
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2. DYZIKH KATEYOYNZHZ

OA 2ZA2 AOOOYN OAHIIEZ I'A THN ENMANAAHWH Az 2THN TA=H.

KAOHIHTHZ: K. API'YPOYAHZ

3. MAOHMATIKA KATEYOYNZHZ

NA AYOOYN OI MNAPAKATQ AZKHZEIZ

1. 'Eotw n ouvaptnon f: R—R yia Tnv otroia 10xUEl
f2(x)-2xf(x) < 3x?-8x+4  yia kGO xeR.
Na eAéygeTe av n f eival cuvexng oto  x=1.

3 2
2.Na Bpeite Toug a,B,yeR av 1oxUel |im > +|0‘x 2|+ P _
x—2 X —

3. AV im(f* () +g7(x)) =K1 Kal  [im(f(x)+g(x)) =K2 ME Xo K1, K2e R T0TE va BpeiTe TO

X=X, XX,

lim(f(x)- g(x)) CUVAPTNOEI TWV K1, K2

X=X

4. Na utroloyioeTe Ta Opia

x+2

aAlim—
)I}El X =2x7 +x
X —x?],uzx

ﬂ)l}gl x3—77,u3x

. 2x+nu3dx
7/)111101i
. ‘x—2x2‘—|x|
9)lim

x—1 x_l

. 2o0vvx+3
g)llm—
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5. 'Eotw n ouveyrg ouvaptnon f:R— R yia Tnv otroia 1oxUel
f2(x)+xf(x)-1=0 yia kG xeR.
a) Na d¢igete 611 n f dilarnpei TTpdoNO.
B) Av f(0)>0 va Bpebei o TUTTOC TNG f.

6. 'Eotw n ouvexng ouvdprtnon f:[1,2] > R n otoia gival yvnoiwg @Bivouoa kai IoXUEl
n oxéon f2(1)+f3(2)+5=4f(1)+2f(2)
a) Na Bpebei To ouvoro Tipwv TG f
B) Na deigete 0TI N e€iowon f(x)=x £xel akpIBwg pia Auon oTo [1,2]

3
— 0
7.'Eotw n ouvdaptnon f(x) = xnﬂx’xi
0,x=0
a) Na atrodeigete OTI N f €ival cuvexnig.
B) Na Bpeite 10 6pi0 |ym /(%)

X—>+0

8. Na utroAoyioeTte Ta Opla

at)lirn{x2 : (1 — oLV lﬂ
X—>+0 X

ﬂ)11m3a +2ﬂ,8 af>0

}/)lim(m+ ﬂx)

X—>-+0

5)111E£)C)i5—+470'0v3xj
f? x) . g (X)

j 0, va BpeBouv Ta
nmlx X

9. '/EOTw f,g:R— R yIa TIG OTTOIEG IOXUEI 1im(

opla im/ () xai Jymex) -

x—0 x—0
10. Aivetal n ouvapTnon f yia Tnv otroia I0XUEL:

|f(x)—3x+5| <x* YIOKABe xeR.
Na uttoAoyioToUV Ta OpIa:

Mim LSO iy g 223

x—0 X x—0 X —X

X—>+00

2
11. Na Bpeite Ta a,fe R woTe lim(W—sz =0
¥+
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X

12. Aivetal n ouvaptnon f(x)= :
1+2F

a) Na Bpeite TO OUVOAO TINWV TNG.
B) Acigte 6T n f eivai’1-1 ka1 va Bpeite av uTTAPXEl N s.n«ﬁvox(f‘1 of‘l)(%j.

y) Acigre 611 N €€iowon f(x) = x £xel yia TouhdxioTov pica oTo (-5 ,1).

13. Av a<B<y 0o¢ci¢te OTI N £€iowon ! + 3 =0 €xel akpIBWG

+
x—a x—-f x-y

duo piCeg oTo R.

14. Av o1 cuvaptioeig f,g eival ouvexeic oto [a,B] pe af>0 ,f(a) = 2 a, g(B)=2p kai
f(x)<1<g(x) yia k6B x € R, deigTe OTI UTIAPXEI TOUAGXIOTOV éva Y € (e, B) TETOIO WOTE

f(y)a(y)=2y.

15. Av f ouvexnig oto [a,B] kai v,d €| a, B] BeiCte 611 UTIdpPXEl & e[a, f] TéTOIO WOTE
2f(y)+3f(5)=5f(%).

16. Aci€Tte 0TI 01 YPAQIKEG TTOPAOTACEIG TwV f(X)=e" Kal g(x)= 1 €xouv éva pévo
X

KOIVO Onueio.

f:[0,8] >R

17. EoTw ouvexng ouvapTnon , N OTTOIO IKAVOTTOIEl TN OXE0N

P (x)+f(x)=x+2 (1) yiakabe x €[0,8]. Na amodeitete Om:
a) H ouvaptnon f eival yvnoiwg atfouca kai va BPeite To cUVOAO TIMWV TNG.

23\ 3

fl —|==

B (%)
y) H ouvdptnon feivar avrioTpéyiun kai va opioste Tn ouvdptnon ™

d) Or1 ypagikég Tapaotdoeig C; kai C ., Twv ouvaptAoswvf kai f' avrioToixa, éxouv
éva akpIBwG KoIvé onueio Kal va BPEITE TIGC CUVTETAYUEVEG TOU .

18. ‘Eotw ouvapmon f:R — R, n omoia kavomoiei T oxéon f*(x)+f(x) =(x* —r]uzx)3 (1)
yia k&Be x eR . Na atmodeifere OTI:
a) 0<f(x) < x* —nux yia kaBe x eR

B) H ouvaptnon f eival cuvexig oto 0

. f(x
Y) l;gg%ﬂ
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19. Aivetal ouvdaptnon f: (0, +0) — R yia Tnv otoia 1oxGel 6T f(x) —f(y) = f(ij yla
y
kGBe X,y >0 kai n eg§iowon f(x) =0 éxel povadiki Adon.
a) Na Bpeite 1o f(1)
B) Na atodei€ete 61 n f eival avTioTpéwiun

20.Eotw f:R —R uia ouvdptnon yia Tnv otoia loxuel f*(x)+5f(x)-e*+1=0,
yla K@be x eR.
o) Na &¢i€ete 6T n f eival yvnoiwg augouoa
B) Na Bpeite TIg pileg kal To TTPdanuo TIg f
Y) Na Bpeite ouvéptnon gyia Tnv omoia ioxvel f(g(Inx)—2)=f(x +Inx—3),
yla K@be x >0.
8) Na Avoete Ty egiowan f(2*)+f(3") = f(e*) +f(n*)

21.Aivetal n ouvdptnon f:R — R, yia v otroia ioxvel éml f(Inx) = 1 Inx -1, yia
X

KGBe x > 0.
a) Na deigete omin f(x)=e™ —x-1 x eR
B) Na e€etdoete TNV f wg TTPOG TNV povoTovia
v) Na Bpeite TI¢ pileg kai To TTpdanuo TI¢ f
8) Na AUoete Tnv egiowon (x° +1)eX2 =1.
22.Av yia Tnv ouvdptnon f:R —R 1ox0el 61 (fof)(x)=x° —x+1, yia kGBe x eR
a) Na Bpeite 10 f(1)
B) Na 8eigete 611 ) ouvdptnon g(x) =x* —x-f(x)+1 Bev avrioTpépeTal.

23."Eotw n ouvdapton f:(0,+) — R yia Tnv oTroia 10xUe!
f(x)+e™ = 2. Inx -1 yia kéBe x € (0, +00).
X
a) Na amodeitete 611 n f gival yvnoiwg @Bivouoa.
B) Na Bpeite To (1)
y) Na Adoete T aviowon f(2x? +1) - f(x* +5) = f(1)

24. Aivetar n ouvaptnon f e f(x)=3In2x +e* +4x -2

a) Na e€eTaoeTe WG TTPOG TN YovoTovia Tnv f.
3

B) Na Aubei n e€iowon  f(x)=e?
Y)Na Bpeite TOV TTpAYUATIKO BETIKO apIiBud [ yia TO OTT0io I0XUEI
3Indu—3In(2u +2) - 4(u? +1) =™ e _gy
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25. Aivovtal ol ouvaptrioeig f,g pe f(x)=x+e* -1 kai g(x)+e¥ =x+1, xeR .

a) Na AUoete Tnv e€iowon e* =1-x.
B) Na deigete 011 N g €ival yvnoiwg augouoa .
y) Na Auoete Tnv aviowon (gef)(x) >0

26. Aivetal n ouvexng ouvdptnon f:R — R, n otroia ikavoTtrolei Tn oxéon;:
x*f(x)=2x* +1-ouv’x =0, yia kGBe x eR

a) Na Bpeite Tov 10O TNG OUVApPThONG f

B) Na amodeigete 611 N egiowon f(x) = 0éxer pia TouAdxioTOV TTpayHaTIKN PIda.
y) Na amodei€ete 611 yia kdBe x eR eivar f(x) > 2x* -1

0) Na atodeigeTe 0TI N cuvapTNOoN

2
F(x)=f(x)+ F]UZX avTIOTPEPETAI KAl Va OpioeTe TRV F
X

27.0ewpolpe Tn ouvexn ouvdptnon f:R — R yia Tnv omroia 1oy Vel

im (X *2)=5 _g
x—>1 X —1
a) Na amrodeigeTe OTi: i) f(3)=5 kauii) f'(3)=6

B) Na umohoyioee o 6pro. lim**2=101)
x—3 r“J(X _ 3)
V) Na aTroBeigeTe 6T N YPOgIKi TTApAOoTAON TG OUVEPTNONG

h(x) = xf(x)—3x—70uvx,x € R Téuvel Tov GEova X' TOUAGXIOTOV € €va OnpEio.

KAGHIHTEZ: I [TIETPOMIXENAKHZ, A.KOYAOYMIIOY, B. 2TPABOYAAKHzZ,
E. MOPOY
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4. XHMEIA KATEYOYNZHZ

ATrd 10 Study 4 exams:

OEMATA TYTIOY A
TEYXOZ A KE®. 1
TEYXOZ BKE®.1,2,3,4,6,7

KAOHIHTHZ: M. MINIKAKHZ

5. BIOAOI'A KATEYOYNZHZ

OA ZAz AOOOYN OAHIIEZ I'A THN ENMANAAHWH Az THN TA=H.

KAOGHIHTPIA: K. TPAI®OPOY
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